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We study the phase transition of avalanche dynamics occuring on complex networks through two existing models, the model for information cascade introduced by Watts and the one for the cascading failures of the Internet introduced by Motter and Lai (ML). For the Watts model, we find that the avalanche size distribution follows a power law, $P_a (s)\sim s^{-3/2}$ at criticality. However, subcritical case can be more easily

observable, which behaves $P_a(s)\sim s^{-3/2}$ for $s < s_c$, while $P_a(s)\sim s^{-\gamma}$ for $s > s_c$ with $s_c \sim (1-B)^{-2}$, where $\gamma$ is the degree exponent of scale-free network and $B$ is the mean number of branching. Those results were obtained by using generalized branching process approach. For the ML model, the avalanche size distribution follows a power law $p_a(s)\sim s^{-\tau}$ at critical point. The exponent $\tau\approx 2.1(1)$ is obtained, which seems to be insensitive to the degree exponent $\gamma$ as long as $2 < \gamma < 3$ for the Barab\'asi and Albert model.
